Abstract. Let be a word hyperbolic group M. Gromov has constructed a compact space G = G( ) equipped with a flow which is defined up to orbit-equivalence and which is called the geodesic flow of . In the special case where is the fundamental group of a Riemannian manifold of negative sectional curvature, G is the unit tangent bundle of the manifold equipped with the usual geodesic flow. In this paper, we construct, for every hyperbolic group , a subshift of finite type and a continuous map from the suspension of this subshift onto G( ), which is uniformly bounded-to-one and which sends each orbit of the suspension flow onto an orbit of the geodesic flow.
Introduction and statement of results
The geodesic flow associated to a Riemannian manifold M is the flow F = (F t ) t∈R on the space of (local) geodesics g : R → M defined by F t g(u) = g(t + u) for all t and u ∈ R. In the case where M is a compact surface with negative curvature, the discovery of symbolic codings for the geodesics in M, that is, codings by bi-infinite sequences of symbols belonging to a finite alphabet, has led to a remarkable progress in the understanding of the behaviour of this flow. Such symbolic codings have been introduced by J. Hadamard in the paper [Had] One of the results of Morse is that the geodesic flow on a pair of pants equipped with a metric of negative curvature with geodesic boundary is orbit-equivalent to the suspension flow on the mapping torus of a two-sided subshift of finite type. More precisely, let S be a compact surface homeomorphic to a pair of pants, that is, to a sphere with three disjoint open disks removed (see Figure 1) , and let S be equipped with a Riemannian metric of negative curvature with geodesic boundary. Consider a finite set (called alphabet) consisting of four symbols, A = {a 1 , a 2 , a 
and let
⊂ A Z be the set of sequences (x n ) n∈Z such that for all n ∈ Z, we have x n ∈ A and {x n , x n+1 } = {a i , a −1 i }, i = 1, 2. We equip the set with the topology of pointwise convergence. The shift map T : → defined by (x n ) n∈Z → (x n+1 ) n∈Z is a homeomorphism. The dynamical system ( , T ) is a subshift of finite type (we shall recall the definition of such an object in Section 3 below). Let Susp( , T ) denote the suspension (or mapping torus) of the map T : → . In other words, Susp( , T ) = × R/Z, where Z acts on × R by the rule n(x, u) = (T n x, u − n). The space Susp( , T ) is equipped with a natural flow (ϕ t ) t∈R , defined as the quotient flow of the product flow on × R which acts by the identity on the first factor and by translations on the second factor. The flow ϕ t on Susp( , T ) is called the suspension flow. We note by the way that this suspension flow has an interpretation as the geodesic flow on the "figure 8" graph (see Figure 2) , that is, the graph having one vertex and two edges of length one attached to this vertex (we shall see this fact in detail in Section 5 below). The result of Morse which we referred to above states that there is a homeomorphism between Susp( , T ) and the space of the geodesic flow on S, which is an orbit equivalence, that is, a homeomorphism which sends bijectively each orbit of the suspension flow on Susp( , T ) onto an orbit of the geodesic flow.
An important step in the theory of codings by suspensions of subshifts of finite type for geodesic flows on compact negatively curved Riemannian manifolds of arbitrary dimension is based on the work done by D. Anosov in the 1960s (see [Ano] ) In fact, this work applies to a wider class of flows which have been called since then Anosov flows. R. Bowen used Markov partitions to construct symbolic
